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The goal of this short note is to observe that the singular part of the second 
bounded cohomology group of boundedly simple groups constructed in [3] is trivial. 
Recall that a group G is called m-boundedlv simple if every element of G can be 
 
 
Proof. In view of (1) it suffices to show that the group G does not have any nontriv-
ial pseudocharacters. First, we observe that every pseudocharacter is constant on
conjugacy classes. Indeed, suppose that f ∈ PX(G) and |f(gxg−1)− f(x)| = a > 0
for some x, g ∈ G. Then on the one hand
|f(gxng−1)− f(xn)| = |f(gxng−1)− f(xn)− f(g)− f(g−1)| 6 2Cf
is bounded independent of n, on the other hand
|f(gxng−1)− f(xn)| = n|f(gxg−1)− f(x)| = na→∞ as n→∞,
whence a contradiction.
Suppose that G is m-boundedly simple. Then every element x of G can be
written in the form
x = g1 · · · gk
where k 6 m and every gi is a conjugate of either g or g
−1 for some fixed g ∈ G,
whence |f(gi)| = |f(g)| for all i = 1, . . . , k. Then
|f(x)| = |f(g1 · · · gk)− f(g1)− · · · − f(gk) + f(g1) + · · ·+ f(gk)|
6 |f(g1 · · · gk)− f(g1)− · · · − f(gk)|+ |f(g1)|+ · · · + |f(gk)|
6 (m− 1)Cf + m|f(g)|
which implies that f is bounded on G, hence must be trivial.
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